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IS THE AVERAGE SECONDARY SCHOOL PUPIL 
ABLE TO ACQUIRE A THOROUGH KNOWL- 
EDGE OF ALL THE MATHEMATICS ORDI- 
NARILY GIVEN IN THESE SCHOOLS? 


By I. J. Scuwarrt. 


Before taking up the subject of our discussion, I ought to 
state that it has always been with the greatest reluctance that I 
have felt constrained to criticise the teaching of mathematics 
in the elementary and secondary schools. The reason for my 
reluctance is the inequity of the situation. We college teachers 
have an opportunity to test the knowledge of many who have 
been taught in the elementary and secondary schools, and on 
the results of this test, our favorable or unfavorable criticism 
is based. But the inequity exists because we college teachers 
constitute ourselves a court of last resort, so to speak. True 
enough, the college student will be judged by the mental capa- 
bilities which he possesses, but very few of them will have to 
show how much actual knowledge of mathematics they have 
gained while under our instruction. If we college teachers are 
unsuccessful with the student, we have the defense that he came 
to us not fully prepared and that the foundation of his mathe- 
matical knowledge was not strong enough to put the superstruc- 
ture on. However, I feel that there is as much need for im- 
provement in the course of study and the method of teaching 
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of college mathematics as there is of the elementary and 
secondary mathematics. 

In answering the proposed question, the following assump- 
tions are made: 

1. That secondary mathematics has little application in the 
daily work of the average person. We must not forget that the 
majority of men and women are artisans, mechanics, clerks or 
foiiowers of the many other occupations which are indispensable 
to the common good. I have failed to find, in any of the ordi- 
nary pursuits of life, the slightest trace of any direct applica- 
tion of the mathematics taught in the high schools and colleges. 
Followers of the different occupations soon learn to perform 
what arithmetical operations they need with facility, and very 
often in a more effective manner than that which they have 
practiced at school. It ought to be the ambition of graduates 
of secondary schools to choose an occupation more in accord 
with their higher intellectual development and training, but 
even in the practical life of the lawyer, the physician, etc., 
hardly any mathematics beyond the ordinary arithmetical opera- 
tions is necessary. The need for mathematics in business calcu- 
lations is largely obviated by the common use of calculating 
machines, tables for interest and discount, for converting 
domestic money into foreign, and vice versa, etc. But all men, 
whatever their vocation in life, are in need of those powers of 
mind which are awakened, strengthened and developed by proper 
training in mathematics. 

2. That the purpose of the secondary school, as well as that 
of the elementary school, is to develop in the young two prin- 
cipal qualities—character and power of mind. Endowed with 
these qualities, the individual will be much better equipped for 
any work and will be more successful in the true sense of the 
word, than, for instance, if he has learned to make a bread plate 
when he is to become a salesman in a grocery store or a sten- 
ographer in a bank. 

It is desirable that the school should train the eye and ear 
and develop the various latent faculties in the young. The 
school should train the pupil to be handy with tools, a desir- 
able accomplishment in every household; but mental develop- 
ment should not be sacrificed to the acquirement of manual 
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skill. Since the young especially find mental effort the hardest 
task, they readily take to manual work which calls for little 
mental application rather than to studies requiring concentrated 
thought. It is a matter of my personal observation that 
mechanics and artisans who possess great skill do not always 
have the power of mind to apply it in the most advantageous 
manner. It is one thing to build a house and another to furnish 
it. It is one thing to have skill and another to make that skill 
most effective. The purpose of mathematical discipline is the 
development of the mind. The principles of mathematics do not 
even contain the interesting information that many other sub- 
jects possess. Unless a pupil is benefited by the mental training 
which the study of mathematical principles is capable of giving, 
the study of the subject must be considered a waste of time and 
energy. 

3. That a strong mind can be developed only through the 
medium of clear ideas. The pupil must acquire clear ideas of every 
point of the ground covered if he is to derive the mental benefit 
which the study is capable of yielding. One clear idea thoroughly 
grasped by the pupil and made his own mental possession is of 
vastly greater benefit to his development than an imperfect 
understanding of many ideas. One of the most pernicious habits 
of the mind against which we must constantly and most vigi- 
lantly guard our students is that of superficiality, of being satis- 
fied to take up a second idea before the first is entirely clear and 
assimilated. This habit of superficiality is but a prelude to a 
slipshod way of doing things, to being satisfied when a task has 
been done so that the result will look right, yet not stand careful 
examination. To do every task right and to the best of one’s 
ability is essential to every occupation in life. The time to begin 
this is at school, whatever the subject taught. A superficial 
knowledge and a lack of understanding of the work is respon- 
sible in some degree for the tendency of the pupil to conceal his 
ignorance in his desire to appear to know what he really does 
not understand. Yet nothing is so detrimental to the aim and 
purpose of teaching; nothing makes the earnest effort to achieve 
this purpose so futile as a pupil’s persistence in concealing his 
ignorance, his pretending to know and ‘understand, instead of 
frankly trying to obtain all possible help in his difficulties. The 
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teacher should not take any knowledge of the student for 
granted. What appears to be self-evident to him may be entirely 
obscure to the student; the latter may not even be conscious 
that the idea is not clear to him until he is questioned about 
it. It is the duty of the teacher to require of the student the 
reasons for every step and to convince himself that each point 
of the work has been thoroughly understood. We can never 
be sure that we understand an idea until we come to express it 
or apply it. One means of acquiring clear ideas is to speak 
them out or to write them down. We must have the student 
talk the ideas over with us. Only in this way will he find out 
whether or not they are perfectly clear to him. This requires 
a great expenditure of time. A plan which helps to secure, on 
the part of the student, a thorough understanding of an idea, 
is the following: After carefully explaining a difficult proof or 
deriving a complicated formula, let the teacher erase the work 
on the blackboard and go over the proof or the derivation of 
the formula a second time in the same. complete manner and 
with as much detail as at first. I recognize the strain on the 
teacher in assuming the proper attitude of mind and expending 
the same amount of energy in going over a proof a second time. 
To say the least, it becomes tiresome. This method should be 
followed, not only in the teaching of mathematics but of any 
other subject. No matter how carefully a child may read a 
story, or how full the explanation on the part of the teacher 
may be, the story will impress itself much better on his mind if 
it be read by him a second time immediately after the first 
reading. 

This is not a new principle in education. Its efficacy was 
recognized even at the beginning of history, as is attested by the 
incident related in Erubin 54 b (the talmudic account of the 
way in which Moses conducted his school for the original teach- 
ing of the Torah and the Mishna) : 

“Moses repaired to his tent, followed by Aaron, to whom he 
communicated the received law and its interpretation. Aaron 
then rose and removed to Moses’ right side; whereupon Aaron’s 
sons, Eleazar and Ithamar, entered, and received the same com- 
munication from Moses, after which they took their seats respec- 
tively on either side of Moses and Aaron. Then the seventy 
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elders came, and Moses taught them in the same way as he had 
taught Aaron and his sons. Finally all the people entered, or 
every one who had a desire for the knowledge of the Lord, and 
Moses made them also acquainted with these teachings of the 
Lord. In this way, Aaron had heard the law from Moses’ lips 
four times, his sons three times, the elders twice, and the people 
once. 

“Then Moses rose from among them, and Aaron repeated 
aloud what he had (now) heard four times, and he left the tent. 
Then Aaron’s sons, who had by this time heard the law four 
times (three times by Moses and once by their father) repeated 
it aloud to the audience, and they left. Thereupon, the seventy 
elders, who also by this time had heard the same teachings four 
times, repeated it to the people. The people now had heard it 
four times also, once from Moses, once from Aaron, once from 
Aaron’s sons, and finally from the elders.” 

With the immature mind of youth, there is little danger of 
explaining too much, of repeating an explanation too often; the 
danger lies rather in the opposite course. With the young, the 
acquisition of clear ideas and the formation of habits of thinking 
clearly and logically are very slow mental processes. It is, 
so to speak, a matter of evolution. If instruction be carried 
on in such a manner, progress will be very slow, but true prog- 
ress can be measured by the quality of the work only. Quan- 
tity without quality is, in education as in anything else, of little 
value. This should be impressed on the child and youth as the 
fundamental principle of their moral and intellectual develop- 
ment. Its neglect is a danger of national concern. The pupil 
must practice in his work and in his play and in all his other 
activities the principles of thoroughness, of honesty and of 
sincerity. 

4. That very few graduates of high schools have the privi- 
lege of attending college. I feel that the mathematical sub- 
jects taught in the secondary schools, are, on the whole, selected 
and arranged with the view of satisfying the entrance require- 
ments of the colleges and engineering schools. On this point, 
I wish to state that while it is my fervent wish that each and 
every youth, if he is by inclination and ability fitted for it, 
should receive the benefits which ought to result from a college 
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education. I believe that the secondary school has a distinct 
place in an educational system. We cannot arrange the curricu- 
lum of the secondary school with a view to the needs of the 
few. We cannot teach mathematics in such a manner as to 
enable the one girl out of ten millions to use it if she will 
become a surveyor or an engineer. All our teaching must be 
done with the single view of what is best for the majority and 
of what will inspire all the pupils and help all of them to true 
happiness and high ideals. 

I do not know by what process we have arrived at the 
present curriculum in mathematics in the secondary schools, at 
least as far as the amount of subject matter ordinarily given 
in these schools is concerned. Even if the amount which a 
class of average ability is able to cover in a given time is taken 
as the normal, it must be recognized at once how difficult it is 
to generalize from such assumptions. The qualities of the 
teacher, the environment of the pupils, the attention they give 
to the instruction, the time they spend in preparing the lesson 
outside of the class room, all these must be taken into con- 
sideration, for they make the amount which a class can be ex- 
pected to cover in a given period of time, a variable one. On 
that account, I feel that a prescribed, fixed course to be fol- 
lowed by all students in a subject, is an impossibility in educa- 
tion. If the teacher is competent and able, then he and he alone 
should determine how much of the subject the pupils of his 
class are able to assimilate without overtaxing their strength. I 
realize that this presupposes a teacher who does his best without 
. supervision or direction. Even in the same institution, in the 
same subject, the mental average of one section may differ from 
that of another. In teaching the same subject to two different 
sections, | have found myself able to cover considerably more 
ground with one section than with the other. As I have said, 
I have been wondering how the subjects comprising the cur- 
riculum of the high school have been chosen. It is not to be 
supposed that one man with equal mastery and knowledge of all 
subjects of the curriculum and without prejudice in favor of 
any one of them, allotted the time to be given to each in propor- 
tion to its difficulty and the part it plays in developing the dif- 
ferent qualities of mind. I feel, therefore, that the curriculum 
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is a compromise between the different branches of learning, 
and hence is necessarily, to say the least, a make-shift. 

A distinct indication that students of the secondary schools 
cannot, as a rule, acquire clear ideas of the mathematics ordi- 
narily studied in these schools is the generally acknowledged 
fact that most of the graduates of the secondary schools do not 
possess clear ideas on these subjects. I think that most of us 
will readily assent that many of the ideas we have learned at 
school were not entirely clear to us at that time. The reason 
in most cases was that we were not allowed sufficient time for 
the ideas to grow on us, so to speak, or we were not mature 
enough to gain perfectly clear ideas of the concepts presented 
to us. It takes, for instance, greater maturity than is possessed 
by the average high school pupil and more time than is allotted 
to him, thoroughly to understand some of the principles of 
demonstrative geometry, and to acquire facility in solving con- 
structions. It is also questionable whether under the present 
system of instruction it is possible even for students with normal 
ability to acquire a clear conception of each of the ideas taught 
at school. To accomplish it, the pupils of a class must all be 
of the same age and of the same ability. But if pupils of 
different ages and of different mental powers are grouped 
together in the same class, are taught by the same method, and 
are expected to cover the same ground, the possibility of all of 
them acquiring perfectly clear ideas of every subject taught is 
very small. 

The student must thoroughly understand the meaning, the 
philosophy, so to speak, of each mathematical concept presented 
to him. It takes him a long time to familiarize himself with the 
concepts of any mathematical subject and to acquire ability and 
facility in applying its principles readily. Few students have 
a clear understanding of the quantitative significance of the 
theorems of proportion, such as. “A line drawn parallel to a 
side of a triangle divides the other sides proportionally,” or, 
“Similar triangles are to each other as the squares of the 
homologous sides.” In all my experience, I have not received 
from a pupil a satisfactory explanation of the truth that one 
divided by infinity is equal to zero, or any number divided by 
zero gives infinity, both of which are conceptions used in 
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secondary mathematics. The young find thinking a hard task. 
A pupil will undergo the labor of memorizing a proposition and 
its proof rather than follow the more difficult course of con- 
centrating his mind and trying to understand the meaning of 
a principle. 

As I have said before, the teacher should not present a 
new idea before the pupil has an intelligent and thorough 
understanding of the idea under consideration, and has acquired 
sufficient facility in handling and applying it. Such a course 
requires careful instruction, and long meditation and reflection. 
Not to be misunderstood on this point, I wish to say also 
while any branch of mathematics consists of a sequence of 
principles which are joined together like the links of a chain, 
it is not always possible to gain at once a clear understanding 
of an idea or of the proof of a principle, yet this principle may 
be needed in the further development of the subject. 

Expediency may make it advisable to postpone a proof of a 
principle until a later date, but under no circumstances should 
an easy but fallacious “proof” be substituted for the rigorous 
one. Even if one can give to a student a fairly clear idea of the 
logical basis of a particular algorithm by using much time and 
effort, it is often the part of wisdom to defer such work until 
the student is more mature. 

In plane geometry, the teacher will have to exercise great 
care in presenting this subject if he would not discourage and 
confuse the beginner. It is advisable to omit the question of 
the incompleteness of the axioms and the correctness of the 
definitions, and conceptions of the non-Euclidean geometry. 
Euclid’s proof of the theorem that the sum of three angles of 
a triangle is equal to two right angles depends on the fact that 
through one point outside of a straight line, only one parallel is 
possible. By intuition, the pupil is convinced of the latter fact 
and to make him see that the opposite is conceivable might 
tend rather to confuse than to clarify the ideas in the imma- 
ture mind. On the other hand, the average student will not be 
satisfied with the mere statement that to subtract a negative 
number is equal to adding a positive number of equal absolute 
value. 

In viewing the subject of the secondary mathematics from 


Loder 


THE AVERAGE SECONDARY SCHOOL PUPIL. 


109 


a higher level, there are no distinctive lines of demarcation 
between the different subjects, between algebra and arithmetic 
or between analysis and geometry. But to the beginner it does 
not appear so. For him each subject has a new language, a 
new symbolism, new notations and new ideas. When after 
studying algebra, let us say, the pupil begins the study of geom- 
etry, he meets with ideas all differing from those he has 
acquired before. Even the ideas of solid geometry, although 
related to those of plane geometry, need for their study facul- 
ties of imagination different from those applied to the latter. 
True enough, trigonometry does not contain any new funda- 
mental concepts which are different from those which the 
student has learned in algebra and geometry but only a new 
and more convenient notation which enables us to obtain new 
relations between the old concepts. Yet it takes a long time 
for the beginner to familiarize himself with the new nomencla- 
ture, with the new notation, and with the mode of representa- 
tion of the ideas of the subject. 

In making up the curriculum of mathematics this fact ought 
to be taken into careful consideration. Schools which teach all 
of the four branches are teaching, as far as the pupil is con- 
cerned, four different subjects, as different as four different 
languages. 

In order to acquire a thorough mastery of any branch of 
mathematics, the student must be able to perform with facility 
and little effort such operations from other branches as may be 
needed in this. When he takes up the study of algebra, he 
must be able to perform with ease such arithmetical operations 
as he may need in algebraic work. In the study of trigonom- 
etry, he must have perfect facility in performing such alge- 
braical operations as may be required there, just as, when we 
have acquired facility in spelling and writing, we need pay 
little attention to these, but can concentrate our efforts on the 
formulation of our ideas. To carry a mathematical operation 
through all of its stages to a correct result requires a thorough 
knoweldge of the subject and a facility in performing all its 
operations. This can be acquired only by constant practice, 
which again takes a great deal of time and effort. 

It is true that the different mathematical subjects have each 
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the ability to develop peculiar qualities of mind. On the whole, 
however, this varied ability is greatly exaggerated. The stu- 
dent should confine his energies and his time to the study of 
fewer subjects and acquire a thorough knowledge of their ideas, 
rather than divide his energies and abilities among a number of 
subjects and run the risk of gaining only a superficial knowl- 
edge of them. I see no reason why the study of numbers can- 
not be used as a principal tool, as far as instruction in mathe- 
matics is concerned, for developing power of mind, especially 
with those who will not continue their studies beyond the high 
school. Numbers are certainly more real to us than any of 
the other concepts of mathematics. We are most familiar with 
their use. Their study is also very fascinating and is peculiarly 
fitted to develop reasoning power. We sometimes unconsciously 
attribute to a person who has studied geometry and trigonom- 
etry a broader and better education than to one whose knowl- 
edge only extends to operations with numbers. But a knowi- 
edge of some of the properties of the triangle and of the 
relations of the trigonometric functions has no more cultural 
value than that of the properties of decimal fractions and of 
periodic decimals, of the different tests of divisibility of num- 
ber, etc. While the study of any mathematical subject can 
be made to serve from its very beginning the purpose of develop- 
ing the mental faculties in the learner, yet these are best 
strengthened and brought into play when the pupil, with a clear 
understanding of the fundamental principles, proceeds to the 
further development of the subject. The amount of mental 
development is therefore commensurate with the student’s 
familiarity with the subject, that is, the more intensive the study, 
the greater is the mental development. There is also a great 
deal of mental training to be derived from solving, by arith- 
metical processes, some of the problems ordinarily given in 
algebra. This is an invaluable exercise for developing power 
of mind; and it helps the student to appreciate the short 
methods available by the use of algebraic notation. It is not 
the number of subjects which a pupil has studied at school but 
the mental benefit which he has derived from the study, that 
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qualities of neatness, of being orderly. But these qualities 
are much more common than the quality which is the principal 
purpose of the school to develop, namely, power of mind. It 
is comparatively easy to secure the services of people who are 
able to do routine work with neatness and accuracy. But it 
is difficult to find a person to fill a position in which mental 
power is necessary and indispensable. 

Some mathematical subjects are taught in the high school 
with little regard to the mental training which they are capable 
of yielding. Take, for instance, the subject of trigonometry. 
The course in trigonometry as given in the high school con- 
sists mostly in the solution of triangles which involves work 
with logarithms. This the student performs in a mechanical 
manner induced by the use of tables. 

From my experience in teaching classes, extending over more 
than two decades, and from my experience in the instruction of 
private pupils, both delinquents and others, I am satisfied that 
it is not possible for the average pupil to cover the course of 
study in each of the mathematical subjects as required by the 
secondary schools and as given in the text-books in use, and 
at the same time to gain a thorough knowledge of each and 
every one of the ideas presented. I consider it entirely im- 
possible that algebra, for instance, can be assimilated by the 
average pupil at the rate of one page a day, especially since 
most of the text consists of examples and problems. I con- 
sider it equally impossible to study geometry at the rate of two 
pages a day if any exercises in geometrical constructions are 
included. The purpose of studying any subject is, as I have 
said, the acquisition of mental power and initiative. Take, for 
instance, the subject of factoring. The good which should 
come to the student from such work is the development of such 
power, facility, judgment, and initiative as will enable him to 
work examples differing from those which were worked for him. 
It is the power of initiative which he must obtain. The same 
is true of the solution of problems. It takes a long time for 
the student to acquire such powers as are necessary to express 
the conditions of a problem in the signs and symbols of algebra 
and effect its solution. 

In this connection, I wish to state that an examination which 
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consists of work the student has done or gone over before is, 
on the whole, not the proper test of the mental power which he 
has acquired by means of this work. It is the duty of the 
teacher to see that the pupil, as the result of his training, is 
able to apply the power obtained to work which he has not 
seen or done before. Such work must, of course, be only 
within the limits of his acquired mental strength. It is with 
the utmost reluctance that I also state that an examination is 
only a true test of the knowledge of the student when it is 
searching, that is, when the student is able to depend on his 
own knowledge and ability. A pupil who is wholly honorable 
in all his dealings outside of the classroom and aside from his 
relations to his teacher as a pupil, will not consider himself 
guilty of wrong-doing in deceiving his instructor. Also, under 
the present system of marking, as I understand it, it is pos- 
sible for the pupil to get a passing mark in any of the branches 
of mathematics by having hazy ideas on many points, without 
having a perfect knowledge or a clear idea of any one of the 
parts or topics of the subject. Most examination papers in 
geometry, for instance, are of such a nature that the student 
may pass them if he is able to prove theorems given in the 
text-books and without his having acquired facility in solving 
constructions. An examination, if it is to be searching, and 
no other should count, should be oral. 

The school should set for its solution only such problems as 
it can solve. Such a course will have not only a beneficial effect 
on the pupil’s mental development, but also on the moral. It 
is alarming to think that although the average high school pupil 
is not able to acquire a thorough knowledge of all the subjects 
of the curriculum, there is a tendency on the part of the high 
school to extend the latter so as to include some of the subjects 
usually taught in the college. There is more and more over- 
lapping of high school work and college work. If the former 
would confine itself to as much work as it can do most effi- 
ciently, the true purpose of education would be better attained. 
In this connection I wish to state that the college is just as 
much to be condemned if its undergraduate curriculum includes 
more than the average student is able to assimilate, or if it 
includes courses which ought to be offered in the graduate 
school only. 
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I believe that one of the most important functions of the 
school is to teach the pupil to acquire habits of diligence, of 
finding enjoyment in work. A greater time must be given, 
especially to the young, for recuperation from mental work 
than from manual work. The amount of time which can be 
advantageously applied in concentrated mental effort is much > 
smaller than the time during which a person can do manual 
work. A lack of appreciation of this fact works a great injus- 
tice to pupils, to teachers, and to investigators. The secondary 
school pupil, at the age when he attends school, should not be 
expected to do mental work for a longer period than six to 
seven hours a day, and this should be broken into short periods 
with rest periods intervening. We must not crowd into the 
mind of a pupil too many ideas during one and the same period 
of instruction. - After an idea has been explained to him, he 
should be given an opportunity to recover his mental com- 
posure, so to speak, before taking up another idea. 

The tendency, very properly, is to reduce the number of 
hours during which a man shall work at manual labor. In 
fact, in some countries, laws are enacted which limit the 
number of working hours to seven or eight per day. And these 
enactments are for the benefit of able-bodied men who do 
manual labor. How much more important, then, is it to regu- 
late wisely the number of hours during which the boy or girl 
may be employed, especially in mental work. The average 
time during which the pupil in the high school is expected to 
be engaged mentally, is a little over five hours per day. To 
this must be added the time which the pupil is supposed to 
spend outside of the school with homework. However, inter- 
esting the instruction, however cheerful and well-ventilated the 
class room, the strain on the pupil’s mind, the strain on his 
senses and the strain on his body from sitting quietly four or 
five hours make imperative a longer recuperation of mind and 
body, if the health and the physical development of the youth is 
not to be impaired. 

The amount of ground covered in a subject does not deter- 
mine the mental status of the learner. The mental powers of 
a person cannot be measured by the number of books read, 
by the number of subjects studied, by the number of facts 
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learned, but only by the number of clear ideas acquired, and 
by the extent to which he is able to apply them to his own 
moral and physical betterment, and to that of his fellowmen. 
If the pupil thoroughly understands every idea presented, and 
acquires a perfect mastery of each process employed; if he 
is able to solve with facility and accuracy every problem taken 
up; then, whatever may be the amount covered daily, however 
small it may be, he will grow in mental power from day to day. 
With such a method of instruction, progress must necessarily 
be very slow, but the knowledge acquired will be thorough, and 
the steady development will give strength and depth of mind. 
Under such a system, even the dullest pupil will acquire some 
power and some knowledge of the subject. 

In formulating a course of study in any subject the principal 
question should be, how much ground can be covered by the 
average student in so thorough a manner that he may gain a 
perfectly clear idea of each and every point included. I know 
how difficult it is to break with established traditions. It will 
take the united efforts of all of us to bring about a change from 
existing conditions, to reduce the amount of each of the mathe- 
matical branches taught in the secondary schools and in colleges, 
and to include in the curriculum only as much of each subject 
as the student is able to make his mental own. 

There is an idea which I fear is not sufficiently appreciated. 
The student, is as a rule, left under the impression that the 
mathematics which he is studying in the ordinary course, as 
given in the best technical schools, will prepare him to solve all 
the problems which he might meet in the practice of his pro- 
fession. It is true that most engineering problems need for their 
solution only simple mathematical devices. Some of them do 
not require even a knowledge of the principles of calculus. On 
the other hand, there are many engineering problems which 
require a wider knowledge of mathematics than the student 
covers in his course. One of the most powerful instruments 
for solving engineering problems and those of other applied 
sciences is the differential equation. Owing to the lack of time 
and the lack of development of the average technical student, 
a course in differential equations is not included in the cur- 
riculum of most of our technical schools. The solution of the 
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different equations which arise in connection with some prac- 
tical problems is often quite difficult. Their solution taxes the 
ability even of the ablest mathematicians. To solve such prob- 
lems, the student will have to study this and similar mathe- 
matical branches. But he will be much better able to take up the 
further study of mathematics if he has perfectly clear ideas and 
facility in the mathematics which he has covered, even if their 
scope is limited. If he lacks this perfect knowledge and facility, 
he is at a great disadvantage. 

My sympathies are with the competent teacher of mathe- 
matics in the secondary schools. Even those of them who have 
the best qualifications for their calling must recognize the hope- 
lessness of their task, to meet the requirements of the college 
and at the same time have their pupils acquire thoroughly clear 
ideas on each of the subjects gone over. With many of them, 
the tenure of office depends on the number of men who are 
drilled but not prepared to go through the examination papers 
as set by the college and acquire a sufficient mark to pass. The 
whole energy of the teacher, I am sure much against his better 
judgment, is directed toward the one aim,—that the student 
pass the entrance examinations to the college. 

We, the teachers in the college, are to be blamed for such 
a state of affairs; it is in our hands, by reducing the amount 
of mathematics required for admission to the colleges, to make 
it possible for the earnest and capable teacher to do his work to 
his own satisfaction and to the best interest of the pupils. The 
schools will be only too glad to comply with our wish, as it 
will relieve them of a burden which they cannot carry and it 
will make it possible for them to do their work in an effective 
manner. 

I understand that in some schools special classes are formed 
for those who wish to enter college, but the majority of schools, 
especially the public high schools, have not sufficient funds to 
separate those who may wish to enter a university from those 
who do not; and I know of at least one case where a whole 
class, in a small city, was made to go through all the work 
required for admission to one of the leading institutions in this 
land, because one boy wished to enter this institution. 

The curriculum of the secondary school which helps the pupil 
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to acquire maximum mental power should be that which best 
prepares him for college entrance or for any other work. The 
colleges will have to modify the entrance requirements in such 
a manner that more emphasis is placed on mental power acquired 

and less on detailed knowledge of a subject. 


UNIVERSITY OF PENNSYLVANIA, 
PHILADELPHIA, PA. 


DISCUSSION ON PROFESSOR SCHWATT’S PAPER. 
Mr. E. D. Fitch said: 

I may say that I am in hearty sympathy with the ideas pre- 
sented in the paper. The problem in private secondary schools, 
however, is modified by the fact that such schools are very 
largely fitting schools for college, in that the college is the goal 
of a majority of their students. The element of time, de- 
termined by the desires of parents and by the standards of 
college entrance examinations, makes it impossible for the 
average student to thoroughly understand all the mathematics 
taught, or to follow to the letter the suggestions of the paper, 
valuable as such suggestions may be. 

We are expected to prepare a boy to pass the college require- 
ments for admission without proper consideration, in many 
cases of the maturity of the student’s mind. It is easy for the 
college to criticize the lack of preparation of the boys entering 
college; it is equally easy for the secondary schools to pass the 
criticism back to the elementary schools. The college constitutes 
itself a court of last resort as to the efficiency of mathematics 
teaching in the secondary schools; but may it not be fortunate 
that the college has no court of last resort as to the efficiency 
of its instruction? My knowledge of some of the work done 
by college students leads me to feel that it does as little credit 
to their instruction as that done by secondary school students. 


Mr. E. B. Ziegler said: 

Doubtless every teacher in this room today looks at the prob- 
iem under discussion from the broad standpoint of life. That 
is, we feel it our province to prepare our students as fully as 
possible, for social and industrial efficiency; and we believe 
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that every activity of the class room should be directed toward 
this end. The several speakers this morning have this general 
aim before them. But the particular aim of each is determined 
by the institution in which he teaches; so that the problem pre- 
sents a different phase to each one of us. Two of the preced- 
ing speakers have looked at it from the college man’s point of 
view ; one from the standpoint of the private preparatory school ; 
but I must take the viewpoint of the public high school. The 
college must solve the problem of preparing the student for 
some special pursuit or profession; the private school has the 
fairly definite task of preparing pupils for college entrance; 
but the problem confronting the public high school is decidedly 
complex. The public high school is, first and foremost, the 
people’s finishing school. It must give a broad and general 
training for life. A glance at the courses of study in repre- 
sentative high schools shows that these courses have been 
changed to meet this demand for broader training. We still 
expect the high school to be a college preparatory school, but 
since less than five per cent. of its students enter college, its 
curriculum must be diversified; and a high school of any stand- 
ing at all offers three or four courses, showing a demand on 
the part of the public for other work than preparation for 
college. 

But all these added and diversified courses mean more work 
for the public high school, and perhaps less time for any one 
particular branch, as mathematics. Dr. Schwatt has shown 
that in his opinion, the boys are not given the proper sort of 
mathematical training in the secondary schools. We have heard 
this statement from college men for a number of years, and 
they usually base their assumption on the work submitted by 
the boys in their entrance examinations, and upon their later 
work in college. But are the colleges justified in drawing from 
these data the general conclusion that the mathematical training 
in public high schools is weak? In the first place, they receive 
less than five per cent. of the public high school pupils; more- 
over, there is usually a gap of two years between the boy’s 
definite and intensive work in algebra, and his college entrance 
examination in that subject, and a gap of at least one year 
between his work in plane geometry and the examination. 
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Under these conditions, it seems hardly fair to say that the 
college entrance examinations prove that the secondary schools 
are, or are not, securing satisfactory results in mathematics. 
Nor is it quite fair to say that the work done in college mathe- 
matics is a fair test of secondary school work. College algebra 
is not given until the second half of freshman, or the first half 
of sophomore year, and there has been an interval of two and 
a half or three years in which the boy has not done any definite 
work in this subject except during the few weeks in which he 
crammed for his entrance examinations. But, while I felt it 
unfair to test the efficiency of the secondary schools by work 
submitted a long time after the completion of that special sub- 
ject in the secondary schools, still I was by no means sure that 
mathematical training in our high schools is as thorough as it 
ought to be. 

In order to satisfy myself, and not wishing to speak out of 
my own narrow experience in a borough high school, where I 
touch only about one hundred students of mathematics during 
the entire year, I prepared a questionnaire, and submitted it to 
about thirty representative high schools in Pennsylvania, includ- 
ing some of the smaller as well as the larger schools. In this 
questionnaire I asked the following: Are algebra, plane geom- 
etry, solid geometry or trigonometry electives in your course of 
study? What per cent. of pupils fail in each? What propor- 
tion of pupils receive an average of less than eighty per cent.? 
I asked the last question because I base my opinion of thorough- 
ness upon a percentage of eighty. Surely a pupil who falls 
below this mark in any subject cannot be called thorough in that 
subject. 

The replies show that 18 per cent. of the pupils fail in algebra, 
17 per cent. in plane geometry, 8 per cent. in solid geometry, and 
5 per cent. in trigonometry; while the test for thoroughness 
shows that 47 per cent. lack thoroughness in algebra, 43 per 
cent. in plane geometry, 37 per cent. in solid geometry, and 38 
per cent. in trigonometry. Surely these percentages show that 
Dr. Schwatt is justified in his conclusion that the secondary 
schools are not giving a thorough training in mathematics. 

Having stated this fundamental proposition let us analyze the 
situation, and try to discover the factors that tend to establish 
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the validity of our proposition, and then let us attach the respon- 
sibilities as we see them, to each factor. There are a number of 
factors which we ordinarily hold responsible for the weakness 
in secondary mathematics, and we must inquire how far we 
are justified in fastening responsibility to each factor. 

First, to what extent is the teacher in the elementary school 
responsible? We secondary teachers are prone to shift respon- 
sibility to the elementary school, and to assert that the pupils 
come to the high school with very vague mathematical ideas; 
that they are not thoroughly grounded in principles in arithmetic, 
and that it is impossible for us to build up the high school 
mathematics on such a weak foundation. But have we ever 
considered whether or not we are justified in this old-fashioned 
notion that algebra and geometry are built upon the basis of 
arithmetic, or that any one of these three branches of mathe- 
matics requires the same mode of thinking as the others? Per- 
sonally, I believe that each of these subjects requires a different 
mode of thinking. I believe, too, that the mechanical opera- 
tions of each are very different, and that the subject matter of 
any one has no relation, except an artificial one, to the subject 
matter of the other two. Arithmetic is concrete, or can usually 
be made so. Algebra must remain largely symbolic. The con- 
structions in geometry are concrete, to be sure, but geometry is 
related to only one phase of arithmetic—mensuration. How 
does the working out of problems in percentage, in common or 
decimal fractions, in denominate numbers, contribute to the 
work in algebra or in geometry? Even the four fundamental 
operations when carried over into algebra loose much of the 
arithmetical significance, for the element of sign is added and 
the processes of borrowing and carrying are eliminated. The 
child who is able to do a hundred problems in arithmetical 
subtraction without a single error, may be the very last one 
in the whole class to master subtraction in algebra. On the 
whole then, I believe we are safe in saying that the different 

branches of high school mathematics have little in common with 
elementary arithmetic, but that each branch requires the forma- 
tion of a specific habit of thought peculiar to that branch. 

So then, we must in all fairness, take a little of the responsi- 
bility from the shoulders of the elementary teacher. There is, 
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however, one phase of mathematical training which we must 
demand of her. We must insist that in the elementary schools 

the pupils acquire the habit of mechanical accuracy, and the 

spirit of industry. For, while we may not say that the high 

school boy fails to understand algebra because he has never been 

rightly trained in arithemetical principles and reasoning, we 

have a right to say that very often he fails because he has not 

been taught to apply habits of industry and accuracy to mathe- 

matical work in the lower grades. 

The pupil, then, leaves the elementary school with a mode of 
thinking peculiar to arithmetic, accurate or otherwise, with a 
spirit of industry or without it. He comes to the high school, 
one of a group of fifty or more, at the age of adolescence— 
at a period in life when his whole body is undergoing a tre- 
mendous physical change—when new interests are continually 
claiming his attention. This is the period when the average 
boy looms big in his own vision. He has left the grammar 
grades, and is now one of the big fellows. It is up to the 
mathematics teacher of the secondary school to take a large 
group of these boys, each with a greater diversity of interests 
than he ever possessed before, with possibilities probably greater 
than ever before, and to help each boy in the group to form new 
habits of mathematical thinking. It is at this particular period 
that the boy needs the best teachers in the whole corps. The 
teacher of mathematics should know not only his subject, but 
should understand the psychology of adolescence. Yet it is just 
at this period, the first two years of high school, that we often 
find the greatest weakness in the teaching force. 

I believe that if our pupils are not receiving a thorough 
training in secondary mathematics, that the great fault lies in 
the secondary schools themselves. The two great factors in the 
student’s development are the content of the currictilum and the 
teacher; and since in many cases, the teacher is at liberty to 
select his own content, the fundamental responsibility must rest 
with him. What, then, are some of the weaknesses that keep 
him from measuring up to the situation? I believe that the 
scientific attitude is often carried too far in our high schools. 
A large percentage of our high school teachers call themselves 

specialists and approach their classes with a scientific attitude 
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which insists upon the pupil noticing every little detail of the 
subject under discussion. The pupils go from the class room 
with a lot of confused and vague ideas instead of some one 
definite principle thoroughly mastered. Too many teachers, 
particularly those fresh from college, follow the lecture system 
in imitation of college class room method. But this system is 
not adapted to secondary teaching. In order for the boy to 
get a maximal development, he must be encouraged to dig for 
himself. The lecture system lets him off too easily. Still, we 
must not be too hard on the teacher in this matter. Usually 
his classes are entirely too large for effective work. Probably 
he feels that with classes ranging from thirty to fifty, the lec- 
ture system is the most economic. 

Another point of weakness which we have hinted at, is the 
arrangement of our high school teachers. Too often the new 
and inexperienced teachers are given the large classes of fresh- 
men and sophomores, while the experienced teachers are placed 
over the smaller classes of juniors and seniors. But isn’t it a 
great mistake that the teacher with less experience, and with 
less understanding of boy life should be placed over adolescent 
boys, at a period of their greatest possibilities, when they are 
most susceptible to the formation of new habits, and when a new 
mode of mathematical thinking is introduced? The result too 
often is a poor start in high school mathematics, and a conse- 
quent dislike for the entire subject on the part of the boy. 

I have granted that there is a lack of thoroughness in second- 
ary mathematics, and I have tried to point out some of the 
reasons for this lack; now may I suggest some remedies? First, 
our classes should be smaller. Every student should feel that 
he is apt to be called upon to recite every day in the week. The 
boy’s feeling of personal responsibility is often lost in large 
classes. Second, there should be elimination of certain subject 
matter—the non-essentials. Let us give up the little side excur- 
sions into caves and caverns where the light is too dim for the 
boys to read the inscriptions on the walls, and let us keep to the 
broad highway. I believe we should take more time to empha- 
size the fundamental principles. I am not alone in this opinion. 
Three fourths of the letters received in answer to my question- 
naire suggest that a certain part of the work usually given in 
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each branch ought to be eliminated, and that more time should 
be spent on essentials. Third, the teachers should have that sort 
of pedagogical training which gives insight into the best 
methods. They should be in sympathy with the student, and in 
touch with life; and only experienced teachers should be given 
to the lower classes. Fourth, there should be close supervision 
of the secondary schools, so that the various subjects shall have 
the proper amount of time, and that the course of study may be 
well balanced. If these four conditions are fulfilled, I believe 
that the question of thoroughness in secondary mathematics 
will be solved. 


Mr. H. A. Foering said: 

In connection with the assertion that “ The average secondary 
school pupil is not able to acquire a thorough knowledge of all 
the mathematics ordinarily given in these schools,” I wish to 
say that I do not believe it is right to hold secondary school 
teachers responsible for all the failures in mathematics in col- 
lege. Unquestionably, there are many instances where students 
have been thoroughly taught in these fundamental branches, 
have digested the principles, and after the lapse of a year or 
two, when their college work demands a knowledge on their 
part of some of these principles, the student shows himself very 
deficient in these very things. I wish to call attention to a 
conversation I had with the head of the civil engineering depart- 
ment in one of our best technical colleges. He said to me, “ Mr. 
Foering, boys that come to us from secondary schools are not 
able to use logarithms accurately and with facility and to solve 
triangles. I do not believe it is possible for secondary schools 
to teach this matter properly.” I answered him, saying, “ Pro- 
fessor, you are wrong. I extend you a hearty invitation to visit 
our school, and I believe you may do so in most other schools, 
at the end of our course in trigonometry. You may come in, 
take a class for the whole period, subject the members to an 
oral or written examination, and test them on their knowledge 
of the subject and their facility in the use of the tables and the 
solution of the triangles. I feel sure that with a few exceptions 
you will be astonished at their skill. Some of these boys will 
enter your college and take your civil engineering course. Six 
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months or a year later, when you want these boys to make use 
of these tables, before proceeding, kindly put them through the 
same test you put them through in our school. You will find 
that a great deal has escaped them, that they: have lost their 
facility through lack of practice and forgetfulness.” 

This same thing is true of the fundamentals on which rest 
certain subjects in analytical geometry and calculus. The larger 
proportion of the boys have undoubtedly known these principles 
and forgotten them. I do not think the secondary school teacher 
should be held responsible for what the student fails to retain 
until he needs it in college. Take the subject of plane and solid 
geometry. There has been much said about their cultural value, 
their value in the development of thought power, the training 
afforded in logical reasoning. If these things are so much more 
important than the subject matter, then why hold the student 
to account for his lack of knowledge of all the material. In my 
opinion, and I have told my classes so many a time, it does not 
matter if on the day they graduate from school they forget most 
of the geometry they have learned, provided they have a suffi- 
cient mental equipment to undertake college work and have 
improved their logical faculties. When, later on in college, they 
need some forgotten reference, they may then take their text 
books and refresh themselves, in case they cannot reason it out 
without such reference. The suggestion seems good that college 
courses in mathematics have reviews, immediately prior to the 
time that it is necessary for the student to be fresh, in such 
elementary work as is of more than ordinary difficulty entering 
into particular subjects. Thus, a review, to be done perhaps in 
a single recitation, of such a subject as “ Convergency and 
Divergency of Series” just preceding the study of subjects 
requiring their use, or of “Undetermined Coefficients,” or 
“Decomposition of Fractions,’ or “Logarithms” and similar 
subjects might obviate much of the criticism that such subjects 

have been poorly taught originally. It is gratifying to observe 
that some of our later texts in analytical geometry and calculus 
are inserting such reviews. 


Mr. Charles F. Wheelock said: 


This is a very sad occasion. The atmosphere is charged with 
gloom. I have frequently attended funerals, but I do not 
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remember ever to have been present at a more mournful occa- 
sion than this. The writer of the paper and the six gentlemen 
who have discussed it before me all agree that we are failures 
as teachers of mathematics. They all agree that the students 
in our high schools are not getting anything worth while in their 
study of the mathematical subjects in the high school. They 
differ somewhat as to their interpretations of the reasons for 
the condition, but they agree substantially as to the condition. 
If we are to believe them, we have most certainly and most 
dismally failed. The failure may be due to the unreasonable 
requirements of the colleges, to the improper text-books used, 
to the grandfathers and grandmothers of the children, to the 
distractions of society, or to some other undiscovered cause, but 
the speakers, so far, agree that the result of our teaching is 
failure. 

I am wondering if we feel like dropping this discussion at 
this point in this atmosphere of gloom, to go to our homes 
believing that there has been no result worth while for all the 
efforts that we have put forth in our attempts to teach mathe- 
matics. I for one feel like protesting against the conclusion 
reached. The very question which constitutes the topic of 
Dr. Schwatt’s paper seems to me to be self-evidently absurd: 
“Is the average secondary pupil able to acquire a thorough 
knowledge of ai! the mathematics ordinarily given in these 
schools?” The answer must be in the negative and there is no 
reason for us .» feel discouraged because the answer is in the 
negative. I doubt if we who have pursued not only the second- 
ary course in mathematics, but who have subsequently taken 
a full college course in mathematics, have acquired a thorough 
knowledge of even the high school mathematics. I doubt if 
there is a single teacher of geometry here present who has not 
within the past year discovered some new bearing to a proposi- 
tion in geometry that he has been teaching for years and that 
he thought he formerly understood, and this growing of his 
knowledge will continue as long as he continues to teach these 
subjects. The student in algebra does not have a thorough 
knowledge of the full, broad meaning of an equation until he 
has studied geometry and, I might add, until he has studied 
analytical geometry and calculus. Each step forward in the 
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course puts him in a position to see the previous steps in new 
relations and in larger perspective. That the immature mind of 
the high school student has not thoroughly grasped all the bear- 
ings of his elementary mathematics is not a condition that 
should lead us to discouragement and that should necessarily 
lead us to change our methods, for no method can accomplish 
the impossible. I believe that we are getting, on the average, 
as good results as we ought to expect to get from the teaching 
of high school mathematics. I do not believe that we shall ever 
reach the time by any method or by any amount of effort when 
the ordinary student at graduation from the high school will 
be able to do very much original work in geometry. He is not 
ready for that sort of thing. If the colleges require an examina- 
tion in originals in geometry, they are bound to fail to get it, 
because the thing is impossible. We have heard from the presi- 
dent of Villanova that 75 per cent. of those coming up for 
admission to that institution failed in their entrance examina- 
tions in mathematics. I have been wondering what becomes 
of that 75 per cent. Do they enter the college or do they not? 
Does he refuse them admission because of their failure in 
mathematics, or do they go on just the same with perhaps a 
temporary halt to make up a condition? 

Very many years ago, when I was a student pursuing the 
study of the calculus, I came across an anecdote concerning 
Leibnitz and one of his students. Leibnitz had just developed 
the new method and was instructing a young man in its mys- 
teries. The young man had acquired considerable facility in 
performing the operations in a mechanical way and in getting 
results that seemed to be correct, but he did not fully under- 
stand. There was a region of fog somewhere between the pre- 
mises and the conclusion in every example. He went to Leib- 
nitz, explained to him his difficulties, and proposed to drop the 
subject because he feared he should never master it since he 
did not fully understand it. Leibnitz is reported to have said 
to him: “ Never mind that; keep right on with work; just have 
faith and after a time the mists will roll away.” This anec- 
dote impressed me greatly because at that time I was exactly 
in the condition of the student in the story. I had reached a 
point where I could perform the operations of differential 
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calculus. I could develop functions into series, I could solve 
problems in maxima and minima. I could do many of the things 
that students in calculus are called upon to do, but between the 
beginning of each operation and the end, there was a section 
that was foggy and I had felt like giving up in despair and the 
advice of the master came to me at an opportune time. I think 
that I profited by it. Is not the condition stated in this anec- 
dote a very common condition? Is it not almost universal? Do 
not nearly all the students of mathematics have a period in 
which the reasoning is not fully apprehended? Does it not 
require time and repetition and faith for the thorough mastery 
of even some of the more elementary principles of mathematics, 
and ought we to be in any way depressed because the immature 
high school student has not acquired that more complete mastery 
that we have after long years of contemplation? 

Perhaps the college professor is the least qualified person in 
the world to pass judgment on what a high school pupil ought to 
know. He has been accustomed to deal with more mature minds 
and he is apt to be disappointed because the student at his 
entrance to college has not the full conception of mathematical 
principles and the power to grasp new ideas that he is expected 
to have at the end of his college course. To my mind, some of 
the college courses in mathematics are very unreasonable. In 
one large university with which I am acquainted, students in 
engineering are expected in the freshman year to cover analyti- 
cal geometry, descriptive geometry, differential and integral 
calculus. In a recent conversation with several graduates from 
that course, it was distinctly stated that they knew nothing 
whatever of the calculus and that they never knew anything 
about it except just enough to pass the examinations. If the 
high school could have the privilege of examining the college 
graduate, probably as good reasons could be found for assert- 
ing that colleges are not building well upon the foundation laid 
in the high school as are now found for the assertion that the 
colleges can not do their work well because the foundation has 
not been well laid in the high school. 

My friends, whatever we conclude regarding these matters, 
do not let us go home thinking that we are absolute failures. 
Let us look over the field and try to find some points wherein 
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we have succeeded. I believe that we shall find them if we 
look for them. We would be in a better frame of mind for 
carrying on our work if we are looking for the successes rather 
than looking for the failures, and believing in success rather 
than in failure. 


Mr. Eugene R. Smith said: 

It seems to me that there can be but little doubt as to the 
main contention of Dr. Schwatt’s paper, namely, that the aver- 
age pupil does not become thoroughly conversant with all his 
secondary mathematics. I am, however, surprised that none of 
the speakers have touched on what I believe to be one of the 
chief causes of this condition—the distractions of modern life. 
The successful study of mathematics presupposes at least a fair 
degree of concentration, and the home and social conditions of 
many of our pupils are such that the chance of their acquiring 
the ability to concentrate on school work is very small. What 
has been said about mathematics is not inherent in the subject, 
it can with equal or greater truth be said about any study in 
the secondary curriculum. 

One of the causes contributing to this danger from distrac- 
tions is the weakness of too many of the American parents, 
which results in a deplorable lack of co-operation with the 
school. I will quote you a typical case; a father called on a 
school principal to ask his permission for his son to take a trip 
that would necessitate his losing some days of school. The 
principal, finding the boy’s record poor, refused his permission, 
whereupon, to his astonishment, the father said “I am very 
glad that you refused, for I do not think my son ought to go, 
but I had to promise to ask you.’ What the parent is unable to 
do, the omnipotent teacher has forced upon him. 

There are a few details in the various papers to which I 
would like to call attention. 

Something has been said about a school that was handicapped 
by the use of a syllabus. Such trouble could come only from 
the teacher’s lack of understanding of the purpose and proper 
use of a syllabus. With the great number of colleges for which 
schools are preparing students, and the varying entrance require- 
ments—sometimes even determined by the whim of one man 
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—an absolute definition of the subject matter—in other words, 
a syllabus—became necessary. Such syllabi have been, or are 
being, prepared in the different subjects of mathematics. Prop- 
erly used they will serve as a guide to what should be taught, 
and there is no reason why they should weaken or circumscribe 
the work of any teacher. 

One of the speakers has urged more mental arithmetic; let 
me add, more mental algebra, and more mental geometry. In 
my opinion, pupils can hardly do too much work in which, if I 
may use that expression, the teacher actually sees the pupil do 
his thinking. The ability to work out even a simple question 
from the mental picture, without the aid of pencil and paper, 
is a valuable asset in itself, as well as splendid training for other 
faculties. 

The percentages of which we have heard seem to me to mean 
little or nothing. They may be very good or they may be very 
bad. It all depends on the severity of the course, the examina- 
tion, or the teacher doing the marking. Unless the measure 
used it the same, comparative measurements mean nothing. 

To come back to the subject under discussion, if this condi- 
tion exists, what can be done about it? That is a hard question. 
Much has been done, and is being done, to lessen the amount of 
work required. The National Geometry Syllabus Committee 
will soon publish a report that reduces very materially the num- 
ber of theorems in plane and solid geometry. It also recom- 
mends that plane geometry be given one and one half years, 
during which time the elements of solid geometry shall also be 
taught. This would help the matter as far as geometry is con- 
cerned, but can we get the year and a half? Probably not, for, 
as you all know, the other departments are also fighting for 
more time. 

As far as I can see, therefore, the only solution is to omit the 
least important parts of each subject, as the geometry committee 
is doing, and to teach the rest to the best of our ability, believing 
that the pupils are obtaining a great deal of valuable training, 
even if, as their immaturity makes likely, they never become 
perfectly familiar with all we would like them to know. 
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NOTES AND NEWS. 


Tue New York Section of the Association of Teachers of 
Mathematics in the Middle States and Maryland gave a dinner 
at the Hotel St. Denis, New York City, on the evening of Janu- 
ary 6, 1911. The guests of the evening were the American 
Commissioners of the International Commission on the Teach- 
ing of Mathematics: Professor David Eugene Smith, Columbia 
University; Professor W. F. Osgood, Harvard University; 
Professor J. W. A. Young, Chicago University. 


In order to make the evening as pleasant as possible socially, 
the executive committee arranged to seat teachers and their 
friends from one school at a table together, after having secured 
one teacher from the school to act as host. The success of this 
plan was shown by the fact that there were two tables of seven- 
teen each, two of sixteen each, and others of eleven and smaller 
numbers, the total attendance amounting to one hundred and 
seventy-six. 


The menu of the dinner was excellent, ranging from “ singu- 
lar points: construct points of contact,” through “sections of 
solids.”” Without reference to diameters or circumferences, find 
the “cutting speed and feed,” and “polar systems: Find the 
temperature,” to “series of polyhedrons: Should this series be 
convergent, or do you prefer no limit?” 


At intervals during the evening, there was singing with a fine 
leader and a fine pianist. The songs were the college songs of 
our guests, and parodies on some familiar airs, such as “ Euclid 
had a Little Book” to the tune of “ Mary had a Little Lamb.” 


Toward the end of the dinner, the chairman of the section, 
Mr. D. D. Feldman, in a few happy remarks, turned the 
meeting over to Dr. Smith. . He spoke of the work of the com- 
mission and then announced the other speakers. These speakers 
included the commissioners and Professor C. B. Upton, of 
Teachers College, who attended the first meeting of Delegates 
of the International Commission held in Brussels. Our sym- 
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pathy for Dr. Young, who was called away early in the evening 
on account of the illness of Mrs. Young, was divided with our 
sympathy for ourselves that we did not hear from him. 


At the short business meeting which took place at the close 
of the dinner, the following officers were elected :—Chairman, 
Mr. Eugene R. Smith, Brooklyn Polytechnic Institute; Secre- 
tary and treasurer, Miss Helen Clarke, Morris High School ; 
Member of the Executive Committee, Mr. D. D. Feldman, 
Erasmus Hall High School. 


The committee trusts that the inspiration of these reports will 
give added life to the work of the section. 


The Spring Meeting of the Association will be held at 
Teachers College, Columbia University, on April 22. One of 
the features of the meeting will be a reception given by Mr. 
Plimpton at his residence on Friday evening, April 21st. At 
this time an opportunity will be given to inspect his magnificent 
library of rare books. 


In this issue will be found a complete list of members of our 
association. Any mistakes in names or addresses should be 
reported to the editor. 


= 
Me 
. 


NEW BOOKS. 


Diary and Time Saver for 1911. Chicago: Laird and Lee. 25 cents. 
A very useful and inexpensive diary, better than some that cost twice 
as much, 


Principles of Education. By F. E. Botton. New York: Charles Scrib- 
ner’s Sons. Pp. 790+ 22. $3.00. 


This book is the outgrowth of the author’s experience in teaching, and 
this fact gives it something of a practical flavor. The aim has been to 
relate the science of education to the affairs of everyday life by under- 
lying principles. The study of education should and does give new and 
helpful interpretations of life which every parent as well as every teacher 
should know, and they will find this one of the best of the recent books 
on the subject. 

Another aim has been to collect and digest the great body of literature 
on the subject and present the essential elements in a suitable form for 
beginners. This is done with abundant details and illustrations. The 
question of educational values, formal discipline and other fields of 
uncertain ground have been treated with care and for the most part 


without prejudice, though it would seem that at points too much value 
is placed upon the results of too few experiments. 

The book is divided into twenty-eight chapters covering a wide range 
of topics and has a very good index. 

One great need to-day for teachers is to get a broader view of life 
and education and the reading of such books as this will do much 
tcwards that end. 


The Teacher and the School. By CHAuNcEy P. Cotcrove. New York: 
Charles Scribner’s Sons. Pp. 427. $1.25. 


This book is written for those who desire to become good teachers. 
The author starts with the premise that teachers must know what they 
teach, how to teach, and whom they teach; and proceeds to give a 
systematic outline of the teacher’s work along its many lines. No 
teacher can fail to be helped by reading the book. 


Essentials of Calculus. By E. J. TowNsenp and G, A. GoopENouGH. 

New York: Henry Holt and Company. Pp. 367. 

This book is intended to meet the needs of those classes that devote 
three hours a week for a year to the subject. Differentiation and inte- 
gration are treated more or less side by side, and the fundamental 
principles are developed by means of the theory of limits. Throughout 
emphasis is placed on practical applications and the student is early 
brought in touch with the usefulness of the subject. 
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A noticeable difference in this from other books on the subject is in 
the material selected. Here but little attention is given to special 
methods of integration, and such topics as reduction formule, order of 
ccntract, and envelopes have been entirely omitted. On the other hand 
scme topics have been more fully treated than is usual. Such topics 
include functions of two variables, definite integrals, and series. The 
book seems to be carefully written and presents a good appearance. 


The Collected Mathematical Papers of Arthur Cayley. Vol. III. Cam- 
bridge: The University Press. Pp. 582. $6.25. 

This volume contains sixty-four papers numbered 159 to 222 and all 
but two are given in full. They are for the most part the papers 
published by him in the years 1857 to 1862. Twenty of the papers deal 
with geometry and forty-five with analysis, one of them dealing with 
both. Several are from the “ Memoirs” and “ Monthly Notices” of 
the Royal Astronomical Society and deal with problems related to the 
elliptic motion of the moon and other planets. Cayley was one of the 
greatest of English mathematicians and his collected works form quite 
a mathematical library in themselves. 


How to Talk with God. By a Veteran Pastor. Philadelphia: The Sun- 
day School Times Company. Pp. 98. $.50. 
This is a splendid book for all who desire to know more of the mean- 
ing and method of prayer. 


Pictures of the Apostolic Church. By Sir WittrAm M. Ramsay. Phila- 
delphia: The Sunday School Times Company. Pp. 432. $1.50. 
Those who followed Professor Ramsay’s comments on the International 

Lessons for 1909 as found in The Sunday School Times will be glad 

to know that they have been somewhat amplified and collected here in 

book form. The author is a master in this field and readers will find it 

a most excellent account of the life, teaching, and the development of 

the early Church. 


Our Misunderstood Bible. By H. Cray Trumsutt. Philadelphia: The 

Sunday School Times Company. Pp. 318. $1.00. 

Perhaps no book has suffered more than the Bible at being misunder- 
stood at important points. Some of these misunderstandings are easily 
accounted for, and might be easily removed; others are not easily 
accounted for, yet have prevailed from generation to generation. Most 
ot the difficulties arise from the differences between eastern and western 
methods of thought and speech, and customs and practices. The author 
has in this volume done a good piece of work in correcting some thirty 
or forty of these errors and every reader will find it a source of much 
interest and profit. 


Teacher Training with the Master Teacher. By C. S. Bearpstee. Phila- 
delphia: The Sunday School Times Company. Pp. 178. $.50. 


The methods of great teachers are always worth study, but when that 
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teacher is Jesus, who is recognized as the greatest of all teachers, his 
methods are worthy of our most careful consideration. The author, in 
this book, has by a series of lessons carefully portrayed the principles 
and methods of Jesus’ teaching and there are few who would not be 
profited by their study. 


The Deity of Jesus Christ According to the Gospel of John. By S. W. 
Pratt. Philadelphia: The Sunday School Times Company. Pp. 165. 
$.50. 

The author of this book has, by an inductive study of John’s Gospel, 
arrived at the belief in the Deity of Jesus. Students of the Bible will 
find it an interesting and profitable study of the gospel. 


Who is Who in America. Vol. VI., 1910-1911. Edited by A. N. 
Marguts. Chicago: A. N. Marquis and Company. Pp. 2468. $5.00. 
This new edition of “Who is Who” contains some 17,546 names and 

sketches, 2,831 of which are not found in earlier editions. It seems that 

it would be invaluable as a reference for biography, history and other 
subjects, and should be in every school library. 


An Elementary Course in Graphic Mathematics. By MatitpA AUERBACH. 
Boston: Allyn and Bacon. Pp. 54. $.50. 
The object of this book is threefold: first, to give the student some 
uses of graphic methods; second, to lead up to the solution of equations; 
and finally to supply material for class use. 


Bibliography of Mathematical Works for High School Libraries. By 
Davip EvuGENE SMmiTH and Ciirrorp B. Upton. New York: Teachers 
College. Pp. 9. 

Teachers who desire this bibliography may obtain a copy gratis by 
writing to the secretary of Teachers College, Columbia University. 


The Monist. Chicago: The Open Court Publishing Co. 


The January issue contains several articles on Magic Squares and Cir- 
cles of interest to teachers. 


The College Mathematics Note Book. By Rozsert E. Morirz. Boston: 

Ginn & Company. 

This notebook contains several pages of formulae and tables, and the 
leaves are ruled as coordinate paper on one side, leaving the other side 
for notes. It seems to be a pioneer in the field and no doubt will find 
many users. 
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{The initial letter of the Section, whenever it is known, precedes the 
name. 
ACKERLY, JENNIE; Morris High School. 416 W. 118th St., New 
York City. 
AHERN, KATHERINE C., Amsterdam, N. Y. 46 Church St. 
ALBRECHT, ELIZABETH BROADWATER; Philadelphia High School for 
Girls, Philadelphia, Pa. 1821 Green St. 
. ALLEN, Fiske, A.B.; Horace Mann High School, New York City. 
. ALLEN, JosepH, A.B., A.M.; College of the City of New York. 
9 Myrtle Street, White Plains, N. Y. 
ALLEN, MArTHA Garces; Drexel Institute, Philadelphia, Pa. 925 
Farragut Terrace. 
ANDERSON, BERTHA FREEMAN, B.S.; The Misses Anable’s School 
for Girls, New Brunswick, N. J. 25 Stiles St., Elizabeth, N. J. 
. AnprEws, Ricuarp M., A.B.; Stuyvesant High School, New York 
City. 
Anpbrews, W. W.; Principal High School, Greene, N. Y. 
524 W. 124th St. 
AnTHONY, Roy Davin; 358 West Avenue, Rochester, N. Y. 

. ARNOLD, Davin L., M.S.; Stuyvesant High School, New York City. 
ATWELL, Ropert KincG, Syracuse University, Syracuse, N. Y. 
Atwoop, GrorcE Epwarp; Principal Newburgh High School, New- 

burgh, N. Y. 
. AuerBacH, Matitpa; Ethical Culture High School. 697 West 
End Ave., New York City. 
Avucsspury, Ear S., A.B.; Stuyvesant High School, New York 
City. 
Avery, F. B., A.B.; American Book Co. 138 W. Seneca Street, 
Syracuse, N. Y. 
Avery, R. A., North High School, Syracuse, N. Y. 1317 First 
North St. 
Bass, MAuricE JEFFERIES, B.S.; University of Pennsylvania. 136 
Cricket Ave., Ardmore, Pa. 
Bacon, Acnes Latimer, B.A.; Girls’ Latin School, Baltimore, Md. 
2316 N. Calvert St. 
Bacon, CLarA Latimer, A.B., A.M.; Woman’s College of Balti- 
more. 2316 N. Calvert St., Baltimore, Md. 
Bacon, Nettie A., B.S.; Schenectady High School. 218 Park- 
wood Building, Schenectady, N. Y. . 
Bairp, ArtHur C., A.B.; Fifth Avenue High School. 509 Lincoln 
Ave., Pittsburg, Pa. 
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Baker, ArTHUR LATHAM, C.E., Ph.D.; Manual Training High 
School, Brooklyn, N. Y. 


. Baker, ELeANnor R., A.B.; Manual Training High School, Brook- 


lyn. 469 Fourth St. 
Baker, J. EuGene, Principal of the High School for Girls, Phila- 
delphia, Pa. 


. BaLpwin, Rae C., Ph.B.; Normal College, New York City. 


Barker, GrAcE SyLviA; Randor High School. The Lancaster, 
Bryn Mawr, Pa. 

Barnes, Miss C. F., High School, Watkins, N. Y. 

Barney, Epear S., C.E., A.M., Sc.D.; Hebrew Technical Institute, 
New York City. 36 Stuyvesant St. 

BARRETT, WILLIAM ELMeEr, M.S.; Friends’ Central School, Phila- 
delphia, Pa. 15th and Race Sts. 

BartLett, Jostau, A.M.; Riverview Academy, Poughkeepsie, N. Y. 


. BAUER, KATHERINE, B.S.; Normal College. 172 W. toth Street, 


New York City. 


. Beacu, Jesste A.; Washington Irving High School. 34% East 


12th Street, New York City. 

BEALE, JENNIE Ritner, A.M.; Holman School for Girls, Phila- 
delphia, Pa. 2204 Walnut St. 

BECHTEL, JOHN C., M.E.; Paoli, Pa. 

BeecHer, H. Emity; Packer Collegiate Institute, Brooklyn, N. Y. 
194 Joralemon St. 

BrEecHER, MartHa A., A.M.; East High School, Rochester, N. Y. 
20 Quincy St. 

BeItLErR, AMANDA C.; Commercial High School for Girls, Phila- 
delphia, Pa. 1527 North St. 

BenJAMIN, A. M., High School, Stanford, Del. Co., N. Y. 


. Bennett, AGNeEs Leonarp, A.B.; Hackensack High School. 323 


State St., Hackensack, N. J. 

BENNETT, WILLIAM M., A.M.; West High School, Rochester, N. Y. 
350 Bronson Ave. i 

BenTLey, GRAcE 1440 N. 13th St., Philadelphia, Pa. 

Berkey, J. M., A.M.; Sub-District Schools, Pitsburg, Pa. 3442 
Boquet St. 

Berry, Hosert G., A.M.; Lower Merion High School. Box 29, 
Ardmore, Pa. 

Betz, Witt1AM, A.B.; East High School, Rochester, N. Y. 

BicELow, JoHn D., A.M., Moravia High School, Moravia, N. Y. 

BIKLE, Earte, A.M.; Central High School, Syracuse, N. Y. 101 
Clarendon St. 

Bair, P. D., A.B., M.E.; Supervising Principal of Public Schools, 
Irwin, Pa. 

Buair, VeviA; Dr. Sach’s School, New York City. 425 W. 114th St. 
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CANDLE, CATHARINE Patricia, A.B.; Normal College, New York 
City. 208 E. 7oth St. 

Capon, FLoreENcE Exizasetu, A.B.; High School, Jersey City, N. J. 
502 W. r4oth St., New York City. 
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Hubbell Park. 
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THE CONSTITUTION. 


I. 


This society shall be called the AssocrATION oF TEACHERS 
oF MATHEMATICS IN THE MippLE STATES AND MARYLAND. 


II. 


The object of the association shall be the improvement of 
the teaching of mathematics. 


III. 


The officers of this association shall be a President, a Vice- 
President, a Secretary, and a Treasurer. These four officers, 
together with the Chairman of the Editorial Committee herein- 
after provided for, and six additional members shall form the 
Council. The President, Vice-President, Secretary, and Treas- 
urer shall be elected to the Annual Meeting and shall hold office 
for one year, or until their successors are chosen. Two of the 
other six members of the Council shall be elected at the Annual 
Meeting and shall hold office for three years, except that at the 
first Annual Meeting two shall be chosen for one year, two for 
two years, and two for three years. The President may be re- 
elected ; but no one may at any time hold the office of President 
for more than two consecutive years. 

It shall be the duty of the Council to pass on applications for 
membership, to arrange for all meetings of the Association, to 
appoint committees, and to transact all business of the Associa- 
tion arising between meetings of the Association. 

At the Annual Meeting for 1909, the Council shall appoint an 
Editorial Committee of three members, one to serve one year, 
one two years, and one three years. The Council shall annually 
thereafter appoint one member of the Committee to serve for 
three years, and shall designate the Chairman of the Committee 
for the ensuing year. Said members of the Committee shall 
serve until their successors are appointed, and shall have charge 
of all the publications of this Association excepting the notices 


161 


1 
l, 
h 
32 
5 
70 
[7 
54 
38 


162 THE MATHEMATICS TEACHER. 


sent out by the Secretary, but shall not have power to incur 
financial liability, unless with the consent of the Council. 


IV. 


The active membership of the Association shall consist of 
persons interested in the teaching of mathematics in the Middle 
States, Maryland, and the District of Columbia. 

Honorary members, without power to vote, may be elected 
by the Council. 

V. 

Whenever it shall appear to the Council that a sufficient num- 
ber of members of the Association are desirous of conducting 
periodic meetings in any locality, the Council may authorize 
the formation of a section to be composed of members of the 
society. The Council shall have the right to withdraw such 
authorization. 

VI. 

The Annual Meeting shall be held, at a time and place to be 
selected by the Council. 

A second meeting shall be held yearly about Easter time at a 
place to be selected by the Council at the preceding Annual 
Meeting. 

VII. 

The annual dues shall be fifty cents for subscribers to THE 
MATHEMATICS TEACHER and sixty cents to non-subscribers. All 
dues are payable at the time of the annual meeting. 


VIII. 

The Constitution may be amended at any regular meeting of 
the Association by a two-third’s vote of the members present, 
provided that notice of the proposed changes has been given in 
the call for the meeting, sent out at least two weeks in advance, 
as well as at the last regular meeting of the Association. Thirty 
members shall constitute a quorum for the consideration of a 
change in the constitution. 


THE BY-LAWS. 


I 


I. Persons approved by the Council, as provided in Article 
IV of the Constitution, shall be admitted to membership in the 
Association upon the payment of the annual dues within sixty 
days of the date of their election. 

2. Should the annual dues of any member remain unpaid be- 
yond a reasonable time, the Council shall remove his name from 
the list of members, after due notice. 


II. 


1. The Council shall arrange the programs for the meetings 
of the Association. 

2. The order of business at the meetings of the Society shall 
be as follows: 


I. Reading of the minutes. 
2. Recommendations and reports. 
3. Elections. 
4. Miscellaneous business. 
3. No question relative to administration shall be considered 
at any meeting except the Annual Meeting, without the recom- 
mendation of the Council. 


III. 


1. The President may convoke the Council whenever the 
affairs of the Society require it. 

2. A request in writing from two members of the Council shall 
render the convocation obligatory. 


IV. 


Any section of the Association shall be entitled each year to 
receive from the Treasurer of the Association, for administra- 
tive and other necessary expenses, an amount not exceeding one- 
fourth of the annual dues paid by its members to the Association, 
provided, that the Council shall have the power to make addi- 
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tional appropriations to any section, whenever such action is 
deemed advisable. 


V. 


No By-Law shall be enacted, amended or suspended except by 
a two-thirds vote of the members present at a meeting of the 
Association, and upon the recommendation of the Council. 
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